Introduction. Let
It is easy to show that Ꮾ α (D n ) is a Banach space with the norm · α . These spaces are called Lipschitz space Lip α (D n ) by Zhou (see [6, 8] ). It is easy to show that the usual norm on Lip 1−α (D n ) defined by
induces a Banach space structure on Lip 1−α (D n ). Clahane in [1] has shown that this norm is equivalent to · α . Essential norm formulas for composition operators are known in various settings. Shapiro has given a formula for C ϕ e when C ϕ acting on the Hardy space H 2 (D)
in [5] ; Montes-Rodríguez [4] has given the essential norm of composition operator on the Bloch space in the unit disc; Donaway [2] has given upper and lower estimates for C ϕ e when C ϕ maps the Bloch space, the Dirichlet space, or the Besov-p space to itself; MacCluer and Zhao [3] have given an exact formula of essential norm of weighted composition operator between the Bloch-type spaces in the unit disc, namely,
Here, ϕ is an analytic self-map of D and u is a fixed analytic function on D and 0 < α < 1, 0 < β < ∞; Zhou and Shi [7] have given the essential norm of composition operator on the Bloch space in polydiscs, that is,
Recently, Zhou [6] studied weighted composition operators between α-Bloch space and β-Bloch space in polydiscs. He proved the following theorems.
It is reasonable to expect that the essential norm of ψC ϕ :
be given by the related lim sup expression. The following theorem is our main result.
Suppose the weighted composition operator
(1.8)
2. The proof of Theorem 1.3. In this section, we mainly give the proof of the main theorem of this paper. We divided our proof into two parts.
The lower estimates. Since ψC
where the maximum is attained at any point on the circle with radius
Hence, the sequence {z 
3) 
Therefore,
For l = 1, 2,...,n, define
For any > 0, (2.10) shows that there exists δ 0 , 0 , repeating similar argument as in the case l = 1, we have ψC ϕ e ≥ a l − (2.14)
for l = 2,...,n. Hence,
Let → 0, we obtain the result.
The upper estimates. For this purpose, we define operator K m (m ≥ 2) as follows:
Using the method of [7] , we can show that K m has the following properties:
The details of parts (b) and (c) are left to the reader, we will show the details for part (a) and (d).
First, we show the details of part (a). In fact, let 
